Abstract. It is shown that any non-degenerate C-convex domain in C n is uniformly squeezing. It is also found the precise behavior of the squeezing function near a Dini-smooth boundary point of a plane domain.
Theorem 1. There exists a constant c n > 0 such that s D ≥ c n for any non-degenerate C-convex domain D in C n .
Proof. We shall use the idea of the proof of [8, Theorem 1.1] . Let p ∈ D. We may suppose that p = 0. It follows by [11, Lemma 15 ] and the proof of [11, Theorem 13] that there exist an orthogonal map T : C n → C n and a lower triangular n × n matrix A with 1's on the main diagonal such that G = T (D) contains the 1-norm unit ball E n in C n and all the coordinates of Az are different from 1 for any point z ∈ G. It is easy to see that ||A|| max ≤ 1 and then ||A −1 || max ≤ (n − 1)!. Denoting by D the unit disc, it follows that the image F n = A(E n ) of E n under the linear map given by A contains 16d n D n , where d n > 0 depends only on n.
Since the squeezing function is invariant under biholomorphisms, we may replace D by A(G). Note that the orthogonal projection D j of D onto the j-th coordinate complex line is a simply connected domain (see e.g. [1, Theorem 2.
by the Köbe quarter theorem. Then the same theorem implies that
Hence d n B n ⊂ ϕ(D) ⊂ √ nB n which implies the desired result with
As an application of Theorem 1, we shall prove briefly one of the main results in [11] (whose original proof is close to that of [8 ω(t) = sup{|n x − n y | : |x − y| < t, x, y ∈ ∂D} is the modulus of continuity of n.
A boundary point a of a domain D in C n is called Dini-smooth if there exists a neighborhood U of a such that D ∩ U is a Dini-smooth domain.
It is clear that C 1+ε -smoothness implies Dini-smoothness.
Proposition 2. Let D be a plane domain and a ∈ ∂D.
(a) If a is Dini-smooth, then lim sup
As usual, δ D is the distance to ∂D. If a is a Dini-smooth boundary point of a domain D in C n which is not biholomorphic to the unit ball, then lim inf
Second, [5, 3. An example] shows that Proposition 2(a) may fail in the C 1 -smooth case.
Proof of Proposition 2. (a) One may find a neighborhood U of a such
and F = ϕ(C \ E) ∪ {0}. Let ψ : F → D be a conformal map. The Dini-smoothness implies that ψ extends to a C 1 -diffeomorphism from F to D (see e.g. [12, Theorem 3.5] ). Setting θ = ψ • ϕ, we may assume that θ(a) = 1 and that there exists r ∈ (0, 2) such that
such that 1 − |ζ| < r ′ < r and |e iθ − 1| < r − r ′ . If f ζ (t) = t + ζ 1 + ζt and
Taking f
as a competitor in the definition of s G (ζ), it follows that
Letting r ′ → r, and using that s D (z) = s G (θ(z)) and 
